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ABSTRACT 



The present concept of automatic throttle control, as employed in 
Navy carrier-based aircraft, was investigated. The aircraft chosen for 
study was the A-7E. The powerplant was the TF41-A-2, a turbofan engine 
with a relatively slow throttle response in the approach power range. 

The effects of additional inputs to the approach power compensator 
were evaluated. It was shown that a considerable increase in performance 
could be achieved through the incorporation of longitudinal feedback. 

In addition, the limitations imposed on performance by large engine lags 
were found to be much less severe for systems with longitudinal feedback. 
The modifications suggested require a redesign of the approach power 
compensator system currently in use by the Navy. 
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This report summarizes the thesis research of LT David H. Finney for 
the degree of Master of Science in Aeronautical Engineering. 
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I. INTRODUCTION 



A. APCS PERFORMANCE OBJECTIVES 

The primary purpose of an approach power compensator system (APCS) 
in Navy carrier-based aircraft is to provide the thrust necessary to 
maintain the correct airspeed during carrier approach and landing. The 
APCS can be used either in an automatic carrier landing system (ACLS) 
or in a piloted, manual approach. Although airspeed systems exist 
[Ref. l], the systems utilized in Navy aircraft attempt to maintain a 
constant angle of attack (AOA) . Supplementary inputs, such as normal 
acceleration and elevator crossfeed, are usually employed in an effort 
to maintain the "on-speed" AOA. Since the on-speed value of AOA does 
not vary from approach to approach, there is no indexing requirement. 

In an airspeed system, however, the reference airspeed is a function 
of the aircraft configuration in the landing approach. As configuration 
variables, such as weight, vary from approach to approach, so does the 
reference airspeed. This is an important factor in favor of an AOA 
system. The pilot workload which airspeed indexing would add to an 
already demanding task probably would not be tolerated, and the designer 
of an approach power compensator system should bear this in mind. 

Military specifications reflect the objective of maintaining a 
constant AOA. Reference 2 states that the output of the APCS shall be 
proportional to error in AOA, change in normal acceleration, integral 
of AOA error, and elevator position. As is noted in Ref. 1, it appears 
that the APCS design concept is overly restricted by military specifi- 
cations. However, these specifications do point out the current Navy 
APCS concept. 
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B. AIRCRAFT 



The aircraft chosen for study was the A-7E, a light-attack, carrier- 
based aircraft of approximately 20,000 pounds empty gross weight. The 
A-7E was chosen because it was one of two aircraft included in a previous 
study of Navy approach power compensator problems and requirements 
[Ref. 1] and because LT Finney has had personal experience as an A-7A 
pilot . 

The A-7E powerplant is a turbofan engine whose throttle response 
is characterized by a relatively long and nonlinear time constant in 
the approach thrust range. The APCS is an AOA system with inputs of 
AOA, integral of AOA, normal acceleration, and unit horizontal tail 
(UHT) movement. A detailed description of the system is contained in 
Ref. 3. 



C. PREVIOUS STUDIES 

Systems Technology, Incorporated conducted a study of Navy approach 
power compensator problems and requirements [Ref. l] . The following is 
a summary of pertinent conclusions and recommendations: 

1. A fundamental conceptual difficulty with current APCS’s is 
the use of AOA feedback to constrain both AOA and airspeed, as 
the two are consonant only at low frequencies. Thus, it is 
possible to control only one of these or a linear combination 
of the two with a single control input. As a consequence, APCS 
design involves a compromise between these constraints. 

2. Airframe characteristics restrict the ability to achieve 
satisfactory performance. Engine response time is a fundamental 
problem area, as the APCS cannot augment the dynamics without 
excessively overdriving the engine. It was recommended that 
the effect of engine lag on APCS performance be investigated 

in detail with a view toward specifying necessary characteristics. 
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3. Gust response within the current APCS concept will, in 
general, be poor. Gust proofing against longitudinal gusts 
with an AOA system is difficult. Gust proofing against 
vertical gusts has minimal effect, as the dominant response 
is determined by the short period characteristics. 

4. It was recommended that the effects of additional 
feedbacks to the APCS be analyzed in relation to gust 
response and to optimum performance for separate con- 
figurations of fully automatic and manually controlled 
systems . 

The Naval Air Test Center conducted an evaluation of the APCS in 
the A-7E [Ref. 3]. The emphasis was on optimizing the performance of 
the APCS for both manual and ACLS approaches with minimal material and 
design modifications. The recommended modifications were basically 
changes in feedback gains and the incorporation of a dual time constant 
in the UHT crossfeed circuit. A shorter time constant was used for 
nose up corrections than for nose down corrections, with the net result 
that the UHT input was more effective for nose up than for nose down 
attitude changes. 



D. OBJECTIVES 

The purpose of this research was to improve the performance of the 
APCS of the A-7E aircraft as used in the ACLS. Specifically, the 
effects of additional inputs to the APCS computer were evaluated with a 
goal of improving the current concept of APCS design. In addition, the 
effect of engine response time on APCS performance was determined. 
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II. METHOD OF ANALYSIS 



A. DESCRIPTION OF THE MODEL 

The fully automatic carrier landing mode was selected for study in 
this analysis of the APCS. The manual mode with the pilot in the loop 
was not considered. Thus, the total closed loop system consisted of 
the airframe, the engine, the approach power compensator, the longitu- 
dinal automatic flight control system (AFCS) , and the automatic carrier 
landing system. 

The aircraft equations of motion were linearized about the steady 
state approach conditions in accordance with standard small perturbation 
theory, as described by Etkin [Ref. 4]. Lateral-directional dynamics 
were not included. The resultant equations are shown in Figure 1. Air- 
craft stability derivatives and other parameter values were taken from 
Ref. 1 and are listed in Table I. Force and moment stability deriva- 
tives are normalized with respect to mass and moment of inertia, respec- 
tively. Renee, mass and moment of inertia do not appear explicitly in 
the equations of motion, as they do in Etkin* s notation. 

The A-7E engine is the TF41-A-2 turbofan. Reference 5 contains an* 
analysis of the thrust-power lever relationship for a range of operating 
conditions. The nominal approach thrust for the operating conditions 
as shown in Table I is 3000 pounds. In this range of thrust, the engine 
response time constant is a nonlinear function of thrust. The relation- 
ship between the engine time constant, T e , and thrust, and the relation- 
ship between thrust and power lever angle (6pp^) for the given operating 
conditions are taken from Ref. 1 and are shown in Figure 2. An average 
value of 275 pounds thrust per degree 6p^ was used in the model. Thus, 
the variable engine lag was the only nonlinearity in the engine model. 
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Figure 3 is a schematic of the APCS loop closures. In small per- 
turbation theory, AOA is defined as w/Uq, in radians. Thus, the inputs 
to the APCS computer are proportional plus integral w, a ' (vertical 
acceleration corrected for accelerometer location), and a filtered UHT 
feedforward term. 

The APCS gains are a representative set listed as M PAX" gains in 

Ref. 1 and do not correspond exactly to those in use in the current A-7E 

APCS configuration. In addition, several simplifications were made to 

the APCS model. A complex pole at ten rad/sec in the throttle actuator 

response was neglected. This frequency is well beyond the range in 

which the APCS is effective. Throttle linkage hysteresis of 0.5 degrees 

was ignored. The implementation of a dual UHT input time constant, as 

described in the introduction, was not incorporated into the model. A 

gain adjust bias exists in the APCS which changes all APCS gains by the 

same amount to compensate for ambient air temperature effects. The 

standard day value of 1.0 was used. K , the vertical acceleration gain, 

z 

has two values, the smaller value being for load factors in excess of 
1.1 g ! s. Only the larger value was incorporated into the model. 

Both the longitudinal AFCS and the ACLS models were taken from 
Ref. 6. As above, the AFCS and ACLS gains were representative but were 
not necessarily identical to those currently in use. A complex pole 
and a first order lag at 20 rad/sec in the AFCS response was neglected. 
The AFCS output is a UHT deflection, which is a function of attitude 
error (0-0^), pitch rate, and normal acceleration. The automatic carrier 
landing system was represented by the A-7E SPN-42 longitudinal control 
equation. The output, a ship-to-aircraft pitch command, is a function 
of the aircraft altitude error, Z^, measured perpendicular to the ideal 
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glide slope. In practice, the aircraft slant range and elevation are 
measured by the SPN-42 radar, corrected for ship motion and radar 
location, transformed into cartesian coordinates, and utilized to 
command an aircraft pitch angle. 

The AFCS and ACLS longitudinal control equations are shown in 
Figure 4. APCS, AFCS, and ACLS gains are listed in Table II. 

B. DIGITAL SIMULATION 

1. Continuous System Modeling Program 

The closed loop system was simulated on the IBM 360 digital computer 
utilizing a digital simulation language, CSMP. CSMP is an acronym for 
Continuous System Modeling Program. The program is augmented by basic 
FORTRAN and provides a set of functional blocks which simulate such 
analog components as integrators, relays, and function generators. A 
detailed description of the program is contained in Ref. 7. A descrip- 
tion of CSMP functions used in the simulation is provided in Table III. 



2. CSMP Program Components 

A sample program and output are contained in Appendix A. The 
program consists of five major sections: the aircraft equations of 

motion and engine model, the APCS model, the AFCS model, the ACLS model, 
and a gust input model. 

a. Aircraft Equations of Motion and Engine Model 

The equations of motion as shown in Figure 1 were 
put into state format: 



{x} = [A] {x) + [B] {r} 

{Y} = [C] {X) + [D] {R} + [E] {Y} 



( 1 ) 
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where : 



{X} 






The A, B, C, D, and E matrices are listed in Table IV. 

The engine modeling consisted of two parts. As mentioned in 

i 

section II. A., a relationship of 275 pounds thrust per degree was 

assumed. The engine time constant, as shown in Figure 2, was approx- 
imated by a linear function generator of fifteen unequally spaced points. 
The thrust operating range modeled was ±2000 pounds about the nominal 
operating value of 3000 pounds, 
b. APCS Model 



The APCS equations were obtained from Figure 3. The 
throttle actuator, power lever, and engine gains were combined into a 
single parameter. As a result, the variable labeled "PLA" in the CSMP 
program is not the actual power lever angle. Gains and other constants 
in the feedback loops were also consolidated wherever possible. AOA 
and integral of AOA were kept distinct. For ease of programming, the 
6 f /6 transfer function was written as 




K 



6 T s 
e w 



T s+1 
w 



1 

s + 1/T 
w 



v 



Wl . 

6 * W1 



( 3 ) 



The UHT input equations in the simulation are in the form of the right 
side of Equation (3). 
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c. AFCS Model 



The AFCS equations were obtained from the equation given 
in Figure 4 with numerical values substituted for the various gains, 
d. ACLS Model 

The altitude error, Z g , was defined as the negative of h, 
as the two are measured in opposite directions perpendicular to the 
ideal glideslope. The 9 c /Z e transfer function, as shown in Figure 4, 
was rearranged for programming as follows: 



-(s) = 



K K 
c x 

K s+1 
P 



3.9 



+ 1 



L(f) 



+ 3T5 + 1 



t.K 
1 x 



+ 1 



R s 
x 



L(f) 



+ — h 1 

3.5 . 



= K 



s +a^s+ag 



s(s+l/Kp)(s +7.14s+25.0) 



where 



K = 



K K (97. 5R t +25.0) 
c x x r ' 

3.9K 



3.9+t.K 
l x 

l l 3.9R x t r +1.0 



3.9t .K 

*0 “ 3 . 9R t +1.0 

x r 



Finally 

6 



: (s) = r 



K S +3 l S+a 0 



s^rt^s^+b^s+bg 



Z. 0 
1 c 

Z ’ Z. 
e l 



(5) 



where 



R + ? ' 14 

K P 



b. = + 25.0 

1 K 



25.0 

K 
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The SPN-42 equations in the simulation are in the form of the right 
side of Equation (5). 



e. Gust Model 



To simulate a random gust field, the output of a random 



number generator with a uniform amplitude distribution was passed . 
through a second-order filter with a break frequency of 1 # 0 rad/sec and 
a damping ratio of 0.707. The theoretical derivation of the spectral 
properties of the resultant signal is described in Appendix B. Vertical 
and horizontal RMS gust velocities of 5.0 ft/sec were used in the simu- 
lation. To insure identical gust signals for each run, a constant step 
size was used in the numerical integrations for all runs, 

f. RMS Velocity Error Criteria 

An RMS velocity error for u and w was used as a measure 
of APCS effectiveness. It was defined as: 



where T is the run length. 

g. Digital Simulation Error Analysis 

A fourth-order Runge-Kutta numerical integration scheme 
with a fixed step size was used in the simulation. Figure 5 is a plot 
of normal acceleration after 0.5 seconds versus step size for an initial 
altitude error. Plots of other system variables, after 0.5 seconds and 
at other values of time, show the same trend. A step size of 0.05 
seconds was chosen for the simulation. 




( 6 ) 
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C. THEORETICAL ANALYSIS 



The theoretical analysis was primarily a root locus study of 
various APCS configurations. To reduce the multiple input, multiple 
output control system to a form adaptable to the analysis, a multiple 
loop analysis technique, documented in Ref. 8, was employed. An expla- 
nation of the method, including an example which covers all applications 
used in this study, is contained in Appendix C. Table V is a listing 
of the open loop aircraft numerators, cross product numerators, and the 
open loop denominator used in the analysis. 
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III. PROCEDURE 



A. DIGITAL SIMULATION RUNS 

.A standard set of runs for the digital simulation was utilized for 

each configuration of the APCS. The APCS configuration shown in Figure 

3 is referred to as the standard configuration. The length of the 

simulation runs was chosen to approximate the final approach phase of 

the carrier landing. Under SPN-42 control, two of the ACLS equation 

gains, R and K , are functions of range for a range greater than 
x x 

6000 ft. For ranges less than 6000 ft. the values of R and K are 

x x 

constant at the values shown in Table II. The ACLS equation employed 
was valid for range less than 6000 ft. to the point at which deck 
motion compensation is introduced. A run time of 30 seconds was chosen 
to approximate this phase of the approach. A set of six standard 
simulation runs was chosen to simulate system response to initial high 
and low airspeed and altitude errors and to vertical and longitudinal 
gust inputs. The set of conditions for the six runs were: 



(1) 


c 

/-s 

o 

tl 


5 


ft/sec, w(0) = -5 


ft/sec 


(2) 


c 

/-s 

o 

V-/ 

It 


- 5 


ft/sec, w(0) = 5 


ft/sec 


(3) 


z e (0) - 


10 


ft 




(A) 


Z e (°> = 


-10 


ft 




(5) 


<=1 

09 

It 


5 


ft/ sec 




(6) 


II 

IS 


5 


ft/ sec 





Initial conditions and RMS gust velocities not specifically indicated 
in a run are zero. 
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B. ANALYSIS OF THE STANDARD APCS CONFIGURATION 



To apply the analysis technique described in Section II. C, the APCS 
loop closures as shown in Figure 3 were reduced to an equivalent set 
that conformed to the block diagram format shown in Figure C.l. The 
equivalent transfer functions were a consolidation of all the elements 
in each loop closure, including the thrust to power lever terms. The 
resultant diagram is shown in Figure 6. represents the proportional 

plus integral AOA feedback transfer function and is given by 



w 



37 .3*1.3 89 i 



K K a 
a + I 



350.7 



VT s+1 
a 



s / T (s+l/T ) 
e e 



K 



O' 



-350.7 *57 .3* 1 ,389| ~ + K 

iT O' , 

a I) 



s + 



K +K T 
a cifj o' 



U 0 T e s(s+1/T a )(s+1/T e ) 



(7) 



Numerically 



1021. 5(s+0. 197) 
w " T e s(s+2.857)(s+l/T e ) 



G z represents the normal acceleration feedback transfer function. The 
effect of the 6.7 ft. offset of the accelerometer on APCS performance 
has been shown to be minor in the low frequency range [Ref. 1], Thus, 
the offset was neglected in the equivalent system, simplifying the 
analysis. 

K *350.7 
n 

r = _ 2 

z 32.2‘T e (s+l/T a ) (s+l/T e ) 



327 2 

T e (s+l)(s+l/T e ) 



( 8 ) 
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G c represents the UHT crossfeed transfer function and is given by 
6 

e 

K c -350.7s 
0 

„ e 



T (s+l/T ) (s+l/T ) 
e w' e 



50j_235s 



( 9 ) 



T e (s+0.435)(s+l/T e ) 



The theoretical analysis was confined to the APCS loop closures only; 

AFCS and ACLS loop closures were not considered. Justification for this 

procedure is given in Section IV. B. 

The closed loop transfer functions u/6 , w/6 , and u/u for the 

e e g 

standard APCS configuration were formed. The engine time constant, T^, 
was kept as a parameter, and root locus plots of the zeroes of the 
closed loop denominator and numerators were plotted to show the effects 
of engine lag. 

Since there are two feedback paths, as shown in Figure 6, the 
closed loop denominator is defined as A 1 1 . It was derived by applying 
equation C .5. 

a 



w 



A =A+GN a +GN„ 
43 w AT z AT 



( 10 ) 



N was expanded as 



a „ (sw-U n s6) 

n : = n 
AT AT 



w 0 

sN - U-SN" 
AT 0 AT 



(ID 



Equation 11 was substituted into Equation 10 to yield 



- 4 + + sG z< K It - v 4 V 



( 12 ) 
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The expression was cleared over a common denominator, and the numerator 



expressed in two terms, one a function of T^, to give 



A 



1 1 



U + l/T V 
e 



s(s+1)(s+2.857)(s+1/T ) 

e 



(13) 



where 



U = S 2 (s+1) (s+2.857) A 

V = s 7 +4.913s 6 +9.241s 5 +10.91s 4 +6.153s 3 +1.240s 2 

+0.1810s-0. 007699 



The zeroes of A" were plotted as a function of l/T by forming an 
artificial transfer function, G, given by 



G 



l/T V 
e 

U 



(14) 



G represents the open loop transfer function in a unity feedback, single 
loop system. This form was adaptable to a documented root locus digital 
computer program [Ref. 9]. The closed loop characteristic equation for 
the artificial system was 

A' = U + l/T V (15) 

e 

1/T g equal to zero represents an infinite engine lag, and hence, no thrust 
response. Thus, the root loci originate at the open loop phugoid, 
short period, and control equation roots. The zeroes of the artificial 
closure represent the roots that would be obtained for the given APCS 
feedback gains if there were no engine delay. Figure 7 is a plot of 
the root loci. Only the loci above and on the real axis are shown. An 
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engine delay of 1.8 seconds occurs at the nominal operating thrust of 
3000 pounds. This value and the values at thrust levels of ±2000 pounds 
about the nominal value are indicated on Figure 7. 

uH wl u"l 

Closed loop numerator zeroes were plotted for I , I , and I, 

6 d 5 d u d 

std std std 

where the subscript "std” refers to the loop closures for the standard 

configuration. 



std 



a 

u u z u w u 

N. + G N + G N + G. N 
6 z 6 AT w 6 AT 6 AT 
e e e e 



U + 1/T V 

e 

s(s+l) (s+2.857) (s+0.435) (s+l/T ) 



(16) 



where 



A 

U = s(s+l) (s+2.857) (s+0.435) N« 

0 



V = -65. 43s 7 -3 18. 6s 6 -542. 8s 5 -1024. 6s^ -7 18. 8s 3 



-87.79s +0.2346+1.707 



Figure 8 is a plot of the zeroes of N fi | for 1/T g variation. 



std 



<1 

std 




nY + G nY/7„, + SG N" 

6 e w^AT z/ e LT 



U + 1/T V 

e 

s ( s+1 ) (s+0.435) (s+l/T ) 



*Wl It + G e "It 

e e 



(17) 
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U = s(s+l) ( s+0.435)nY 

6 e 

. V = -2.155s 5 -511.6s 4 -782.7s 3 -343.6s 2 -68.90s-8.753 

Figure 9 is a plot of the zeroes of nY | for 1/T variation. 

6 I e 

d 

std 




U = 
V = 



x U , _ . U W . _ „U z 

N +GN . _ + G N 
u w u iT z u AT 
g g g 



U + 1/T V 

e 

s(s+2.857) (s+1) (s+l/T e ) 



(18) 



s (s+2.857) (s+l)N U 
U g 

0. 05453s 6 +0.2789s 5 +1.058s 4 +l. 7 16s 3 +1.141s 2 +1.797s-0. 007686 



Figure 10 is a plot of the zeroes of N U I for 1/T variation. 

u d 

std 

C. INVESTIGATION OF ADDITIONAL APCS INPUTS 

In studying the effects of additional APCS feedback variables, T & 
was fixed at the nominal value of 1.8 seconds. The closed loop denomina- 
tor and numerators evaluated at this value are shown in Table VI. The 
additional feedback variables which were considered were combinations of 
proportional, integral and derivative of longitudinal velocity, u. As 

a result, the closed loop u/u and u/6 transfer function zeroes were 

g ® 

not affected. Subsequent to each root locus analysis, a set of digital 
simulation runs, as described in Section III. A, were completed with the 
altered configuration. A summary of the RMS velocity errors is contained 
in Table VII. 
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Longitudinal acceleration feedback was first considered. The 



equivalent transfer function for u feedback, defined as G* , is 

u 



350. 7K* 

r . = 

u T (s+l/T ) 
e v e' 



With equal to 1.8 seconds, this becomes 

194.8K* 

r . = H 

u s+0.56 



(19) 



The closed loop denominator, defined as A 1 1 1 , was formed by modifying 
A 1 1 as follows: 



i' » i = 



su 



A " +G At 



( 20 ) 



Figure 11 is a root locus plot of the zeroes of A' * * as K* was varied. 

u 

In a like manner, longitudinal velocity feedback was considered. 
194.8 k 



G u s+0.56 



( 21 ) 



The closed loop denominator was again defined as A 1 1 1 • 



A’" = A" + G N* • (22) 

u AT 

Figure 12 is a plot of the zeroes of A* 1 1 as was varied. 

A combination of proportional plus integral longitudinal velocity 
was considered next. 



Ga 

u 



194.8 

s+0.56 



• K (1+K /s) 
u P 



(23) 



Values of K from 0.1 to 0.5 were considered. 
P 

zeroes of A' 1 1 as K was varied with K equal 

u P 



Figure 13 is a plot of the 
to 0.5. 
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The final configuration considered was proportional plus derivative 



of longitudinal velocity. 



194.8 

s+0.56 



K * ( s+K ) 

u q 



(24) 



Figure 14 is a plot of the zeroes of A' ' ' as K* was varied with values 

u 

of Kq equal to 0.2, 0.5, and 1.0. The phugoid roots are indicated for 

all three values of K . The closed loop numerator for the w/6 transfer 

q e 

function was formed. 




rev 



N 



.w 



w u 

+ G-N- Am 
u 5 AT 



(25) 



The subscript n rev M refers to revised configuration. The resultant 
root loci for equal to 0.5 are shown in Figure 15. 

D. REVISED APCS CONFIGURATION 



Based on the results of the investigation of various inputs, a 
final APCS configuration was chosen. As compared to the standard 
system, this configuration had additional inputs of proportional plus 
derivative of longitudinal velocity with specific gains of 0.5 and 
2.0 for and K^, respectively. The revised equivalent APCS block 
diagram is shown in Figure 16. 

With the gains fixed at the values given above, root locus plots 



for the zeroes of A’ 1 * and 






for 1/T g variation were plotted and 



rev 

are shown in Figures 17 and 18, respectively. 

Straight-line approximations to Bode plots for u/6 e , w/5 g , and 
u/u were constructed for comparing the standard and revised APCS 
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configurations. The transfer functions are listed in Table VIII, and 
the magnitude portion of the Bode plots are shown in Figures 19 through 



21 . 
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IV. DISCUSSION AND RESULTS 



A. EFFECTS OF ENGINE RESPONSE 

Strictly speaking, the incremental root locus technique showing how 
the poles and zeroes of the APCS-equipped aircraft vary with the non- 
linear engine time constant is not valid. The use of root locus analyses 
is valid only for linear systems. However, an incremental root locus 
technique has been used for stability analyses of systems with single- 
valued continuous nonlinearities [Ref. 10]. The system response is 
approximately defined by the instantaneous location of the roots, here 
a function of the instantaneous thrust. 

The initial conditions and the gust inputs used in the simulation 
were considered to be representative of those that an APCS/aircraft 
system would be expected to encounter. Visual inspection of system 
response curves did not reveal the thrust response nonlinearity; i.e., 
the curves were approximately sinusoidal in shape, indicating that the 
system performance could be evaluated by considering a fixed value of 
T^ equal to 1.8 seconds. The minor effect of the nonlinearity was due 
to the low variance of AT in relation to the size of the thrust 
operating range modeled. The dependence of the response on T^ was 
greater for the revised system, as can be seen by comparing Figures 7 and 
9 with Figures 17 and 18. This was a direct result of the increased 
capability to alter APCS performance with the longitudinal feedback. 

The analysis did not provide insight concerning the specific 
effects of a large engine lag on APCS performance. However, the 
limitations imposed on performance by a large engine lag were shown to 
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be less severe for a system incorporating longitudinal feedback. As 
reported in Ref. 1, the larger feedback gains or lead compensation 
necessary to improve the standard AOA system performance result in 
excessively overdriving the engine. The longitudinal feedback provided 
an increase in performance and a more efficient use of the engine. The 
thrust response induced was directly related to the damped natural 
frequency of the phugoid mode. As the frequency was increased, as in 
Figure 12 for increasing , peak to peak thrust values increased as 
well. However, for configurations in which the damped natural frequency 
was not appreciably increased, as in Figures 11 and 14, peak to peak 
thrust values were less than those for the standard configuration. 

B. EFFECTS OF ADDITIONAL APCS INPUTS 

As mentioned in Section III.B, the theoretical analysis neglected 
AFCS/ACLS loop closures. It was shown that these closures do not 
appreciably effect airspeed response for the system under study. Phugoid 
damping coefficients and damped natural frequencies were taken from 
the root locus plots of Figures 11 through 14. Measurements of the 
period and the time to one half initial amplitude of the airspeed 
responses were then made for the closed loop simulations, which included 
AFCS and ACLS closures. The damped frequencies and damping coefficients 
calculated from these responses were within a few per cent of those 
predicted by the root locus plots. Thus, it was concluded that airspeed 
response as controlled by the APCS was not significantly altered by 
AFCS and ACLS loop closures. 

1. Longitudinal Acceleration 

Only a limited increase in performance was achieved by the 
implementation of u feedback, as only a minimal increase in phugoid damp- 



ing could be achieved. 
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2 . Longitudinal Velocity 



The addition of u feedback increased the absolute phugoid 
damping but provided only a minor increase in the damping coefficient 
and, therefore, no decrease in per cent overshoot. The most important 
factor was the increased damped natural frequency. It was considered 
necessary to keep the damped frequency near the level of that of the 
standard configuration, as a much higher value would prove unacceptable 
due to the rapid oscillations in thrust which would result. 

3 . » Proportional Plus Integral Longitudinal Velocity 

The inclusion of an integral term had an adverse effect on 
airspeed response for an initial airspeed error. This was predicted by 
the root locus plot as shown in Figure 13. The response to a longitud- 
inal gust field was observed to be improved, as documented in Table VII. 
This shows up in the root locus plots of Figures 10 and 13 as an approx- 
imate cancellation of the phugoid poles with u/u zeroes. 

S 

4. Longitudinal Velocity Plus Acceleration 

> 

The inclusion of a combination of proportional plus derivative 
of longitudinal velocity in the APCS provided the best increase in over- 
all system performance. For values of greater than 0.5, the damped 
frequency increases substantially with the feedback gain, . For a 
value of Kq equal to 0.5 a large increase in damping was achieved while 
the damped frequency was held nearly constant. Improvement of APCS 
performance rapidly diminished as was reduced below 0.5. 

A stable first-order pole was shown to approach the origin as 
longitudinal feedback gains were increased [Figures 12 and 14], and its 
presence was evident in the digital simulations. For the configuration 
described in Section IV.B4 with an initial airspeed error, a residual 
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airspeed error of opposite sign and with a value of ten per cent of the 
initial airspeed error remained and slowly decayed after the phugoid 
had essentially damped out. The effect of the pole was considered to 
be of minor significance. As shown in Figure 15, there was a correspond- 
ing zero in the w/6^ numerator. Consequently, the first order pole did 
not appear in the angle of attack response. 

C. FINAL CONFIGURATION 

The choice of the final, revised configuration was based on several 

factors: phugoid damping, damped natural frequency and gust response. 

A combination of longitudinal velocity and acceleration inputs was the 

only combination able to provide a substantial increase in phugoid 

damping while maintaining a constant damped natural frequency. The 

choice of the value of K* was somewhat arbitrary. For a value of 2.0, 

u 

the effective longitudinal velocity feedback gain was 1.0, which was of 
the same magnitude as K in units of volts per ft/sec; at a higher 
value of the airspeed input becomes dominant over AOA. Improved 
performance at a larger value of was indicated by the root locus 
plot and was verified by simulation [Table VIl]. 

Longitudinal gust response was substantially improved for all 
configurations with longitudinal feedback. The most significant improve- 
ments, as indicated by the RMS velocity errors, were achieved for the 
configurations in which the damped natural frequency was increased over 
that of the standard configuration. The ratio of u to u feedback chosen 
represented a tradeoff between gust response and frequency criteria. 

Vertical gust response as measured in simulation was not appreciably 
altered. As that was expected prior to the study (Section I.C), there 
was no theoretical analysis attempted in that area. 
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For an initial altitude error for all configurations, the induced 
airspeed error was primarily an AOA, or w(t), transient which decays in 
five seconds. The induced airspeed error, u(t), was much smaller in 
comparison. Thus, the addition of the longitudinal feedbacks have a 
negligible effect on responses induced by an initial altitude error. 

Based on this result, it was concluded that airspeed response at push- 
over from level flight to glideslope acquisition would be unaltered. 

The frequency response plots of Figures 19 through 21 indicate the 
frequency range which was modified by the APCS revision. The amplitude 
plots for u/6^ and u/u^ indicate this range was from 0.07 to 0.5 rad/sec, 
while only the amplitudes at low frequencies were attenuated in the 
w/6 e plot. The additional favorable effect of an approximate three dB 
attenuation at the phugoid break frequency of the revised configuration 
was not indicated on the asymptotic plots. 
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V. CONCLUSIONS AND RECOMMENDATIONS 



A. APCS CONFIGURATION 

Substantial improvement in performance is possible through the use 
of longitudinal feedback. However, only an acceleration term can be 
practically obtained with the current APCS, as it would entail only the 
implementation of an accelerometer signal. Once an airspeed feedback 
is considered, the need for an airspeed reference is required, necessitat- 
ing a major APCS redesign. An airspeed reference, manually set by the 
pilot, would not be acceptable. In addition to the added pilot respon- 
sibility mentioned in Section I, the combined AOA/airspeed system 
references would require airspeed reference accuracy greater than the 
pilot could be expected to provide. 

In summary, only limited improvement in performance is possible 
within current limitations. It is recommended that the current APCS 
design concept be considered for revision. Present day aircraft, such 
as the A-7E and the F-14A/B, have precise airspeed measuring equipment 
(air data computers) and digital computers on board. The possibility 
of utilizing those devices to accurately measure and reference airspeed 
for its incorporation into the APCS should be studied. 

The possible improvement of gust response gained by the revised 
APCS configuration is partially governed by the method of sensing air- 
speed. If an inertial device is utilized, the actual airspeed, u, is 

measured, but the term (u-u ) is measured if an air data computer is 

8 

utilized. The effect of including the gust velocity in the sensed 
airspeed signal was to degrade performance below that gained by the 
revised configuration (e.g., the RMS value of velocity error for a 
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horizontal gust input was 4.1 ft/sec. With the gust velocity included 
in the feedback signal, the error was 5.0 ft/sec, still substantially 
improved over the original value of 6.3 ft/sec). 

Angle of attack response was not degraded by the inclusion of 
longitudinal feedback but, in fact, was improved. 

B. ENGINE RESPONSE 

The effect of the nonlinear engine time constant on APCS performance 
was shown to be minor for the range of operating conditions considered. 

The limitations imposed on APCS performance by a large engine lag 
are much less severe for a system incorporating longitudinaly velocity 
and acceleration feedback than for the standard angle of attack config- 
uration. 

C. THEORETICAL ANALYSIS 

Restricting the multiple loop control system analysis technique to 
the APCS loop closures was shown to be valid for an evaluation of air- 
speed control. The implementation of the method provided a systematic 
approach for the study of APCS performance. 

D. GENERALIZATION OF RESULTS 

The choice of a single APCS/aircraf t system for the analysis may 
restrict the validity of some of the results to that particular system. 
However, as all current Navy APCS f s use the same basic AOA system, it 
is postulated that the general concept presented is applicable to other 
aircraft. Correlation of results with other systems should be attempted. 

The study was restricted to the fully automated carrier landing 
mode. The validity of the results for a pilot-controlled landing 
should be investigated. 
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TABLE I 

AIRCRAFT GEOMETRY AND STABILITY DERIVATIVES 



STABILITY APPROACH 

DERIVATIVES PARAMETERS 



X 

u 


- 0.05435 


S 


375 ft 


X 

w 


0.064327 


W 


24,000 lb 

< 


Z 

u 


- 0.286953 


I 

yy 


68,000 slug-ft' 


Z* 

w 


0 


MAC 


10.84 ft 


Z 

w 


- 0.528871 


m 


746 slugs 


M 

u 

M* 

w 


- 0.000165 

- 0.000289 


h 

P 


Sea Level 

0.002378 S - 1 - U -|- 
ft J 


M 

w 


- 0.007964 


u o 


218 ft/sec 


M 

q 


- 0.327532 


a o 


12 deg 


X 6 


0.732836 


c.g. 


28.6 7o MAC 


e 








\ 


-14.713536 


1 

X 


6.7 ft (ahead 
of c.g 


M ^e 


- 2.188878 






X AT 


0.001317 






Z AT 


- 0.000250 






m at 


0 .00.0004 
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TABLE II 



CONTROL SYSTEMS PARAMETERS 



AFCS 

K 0 1.9 rad/rad 

0 

Ki 1.0 rad/rad-sec 

0 

K 3.0 deg/g 

n 

z 



ACLS 

K 1/5.4 

c 

K 1.0 

x 



K 0.376 

P 

R 1.0 

x 

t. 1/15 



t 2.5 

r 



APCS 

K. 143.2 volts/rad 

6 e 

T 2.3 sec 

w 

K 2.6 volts/unit 

O' 

K 0.55 volts/unit 

a i 

T 0.35 sec 

ot 

K 30.0 volts/g 

n 

z 

T 1.0 sec 

a 



O' 

■sec 
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TABLE III 



CSMP FUNCTIONAL BLOCKS 



General Form 


Function 


Y = INTGRL(IC,X) 
Y (0) = IC 

Integrator 


t 

Y = Txdt + IC 
T) 

Laplace Transform: j 


Y = REALPL ( IC , P , X) 
Y(0) = IC 

I s Order Lag 


PY + Y = X 

Laplace Transform: — — - — — 

r Ps + 1 


y = chpxpl(ic 1 ,ic 2 ,p 1 ,p 2 ,x) 

Y(0) = IC. 

Y(0) = IC* 

Complex Pole 


Y + 2P x P 2 Y + P 2 Y = X 

Laplace Transform: 

1 

2 2 
s + 2P 1 P 2 s + P 2 


Y = AFGEN(FUNCT,X) 

Arbitrary Function Gener- 
ator(Linear Interpolation) 


Y = FUNCT(X) 


Y = RNDGEN (P) 

P = ANY ODD INTEGER 

NOISE (RANDOM NUMBER) GENER- 
ATOR WITH A UNIFORM 
DISTRIBUTION 


UNIFORM 

VARIABLE 

p(Y) = I 
1 

i 

1.0 


DISTRIBUTION OF 
! Y 

5 robability distri- 
>ution Function: 

^P(X) .... 




0 


1.0 ^ Y 
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TABLE IV 



AIRCRAFT STATE EQUATIONS MATRICES 



[A] 



X 



w 



-g 



1-Z< 



w 



w_ 

1-Z* 



w 



U, 



[B] 



1.0 



M + 



M*Z 
w u 



u 1-Z* 



w 



M + 



M‘Z 
w w 



w 1-Z* 



w 



M + 



M*U n 
w 0 



q 1-Z* 
w 



AT 



-X 



-X 



w 



"AT 



w 



M*Z. 
w 6 

M H — 

6 1-Z* 

e w 



M*Z Arn 

M + 

AT 1-Z* 
w 



-M “ 



M*Z 
w u 



u 1-Z- 



w 



-M - 



M* Z 
w w 



w 1-Z- 



w 
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TABLE IV (continued) 



Cc] 

- 1.0 



u„ 



u_ 

1-Z* 



w 



w 



M Z 

■I (M + 
x\ u 1-Z* 

w 



M'Z 

•1 |M +.— r— 
x I w 1-Z* 
w 



M*U_ 
w 0 



-1 M +. 
xl q 1-Z 



w 



W 



M* Z 
w 6. 

*6 + l-Z- 
e w 



AT 



M*Z Am 

-l Im +~ 

x\ AT 1-Z^ 



0 


0 


z 


-z 


u 


w 


M* Z \ 


/ M*Z 



w u 



1 M +. ,, 
XV U 1-Z* 



w 



i (m +r~ 

x\ w 1-Z^ 



[E] 



0 0 0 

0 0 0 

0 1.0 0 
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TABLE V 



AIRCRAFT OPEN LOOP TRANSFER FUNCTION 
NUMERATORS AND DENOMINATOR 



/i, = s 4 + 0.973939s 3 + 1 '97797s 2 + 0.109846s + 0.070689 



O r\ 

N” = - 0.00025s + 0.0003986s - 0.0001281s + 0.00003824 

AT 



N® t = 0.00000407s 2 + 0.00000422s + 0.00000320s 

n 

N? m = 0.001317s + 0.001195s + 0.002435s - 0.0001321 

AT 



Q o 

n” =- 14.7135s - 483.007s - 26.3803s - 20.1217 

6 



O o 

nY = 0.732836s - 0.272704s + 40.6515s + 33.4610 

0 

e 

o o 

N U = 0.054534s + 0.0685976s + 0.109846s + 0.070689 

u 

g 

rs 

nY Ym = 0.0191945s + 0.635365s - 0.0194913 

6 e AT 

N 6 AT = °* 002880l3s + 0.0013343 

e 

nY " = - 0.0191945s 2 - 0.635365s + 0.0194913 

6 A I 



nY ® = - 0.00060607s - 0.00085794 

6 AT 
e 

o 

N U Ym = - 0.00039155s - 0.00012806s + 0.00003824 

u AT 
g 

N U ® = 0.0000001131s + 0.00000320 

u AT 
g 
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TABLE VI 



AIRCRAFT TRANSFER FUNCTION NUMERATORS AND 
DENOMINATOR FOR STANDARD APCS LOOP CLOSURES 
T =1.8 SECONDS 



e 



j-^ry | [0.303,0.278](-0.263) 



s(s+l) (s+2.857) (s+0, 

(0.032) (-1. 099) [0.346, 1.44] (-2. 89) j 



std 



0.7328 



s(s+l) (s+2.857) (s+0. 435) (s+0 



— j[0. 504, 0.182] 



(0. 150) [-0. 176 , 1.38] (-0.807) (-3.41) (49.5) | 



■:.] 

std 



•14.71 



(s+1) (s+0. 435) (s+0 



| [0.389,0.257] (-0.253) 



(-0.584) (-1.05) (-32. 2)| 



N U “| 

U 

d 

std 



0.5453 



s(s+l) (s+2,857) (s+0 



-jgy I [0.308,0.716] (0.00948) 



[0.0836, 1.74](-1. 58) (-3.37)| 



2 2 

Notation: [£ , o> n ] represents (s +2£u) n +u) n ) 

(t) represents (s-T) 

positive £ and negative T represent stable roots 
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TABLE VII 

RMS VELOCITY ERROR SUMMARY 



APCS 

Configuration 


U °= l 

w 0 =-5 


m m 

i 

II il 

o o 
P 2 


Z =10 

e o 


o 

i-4 

1 

II 

o 

<D 

N 


w =5 
8 


u =5 
8 
















Standard 


3.09 


2.87 


3.14 


3.06 


7.40 


6.26 


Long Accel 














K # =1.0 


3.02 


2.85 


3.08 


3.03 


7.01 


5.63 


U =2 .0 


3.03 


2.91 


3.05 


3.01 


6.75 


5.28 


=3.0 


3.09 


3.00 


3.03 


2.96 


6.57 


5.05 


Long Veloc 














K =1.0 


2.78 


2.57 


3.09 


3.05 


7.11 


4.16 


U =2 .0 


2.69 


2.38 


3.05 


3.03 


6.72 


3.44 


=3.0 


2.59 


2.20 


3.01 


3.01 


6.40 


3.28 


Prop+Int u 

K ,( U +%J U ) 














U K =1.0 


3.26 


2.95 


3.16 


3.11 


7.79 


4.46 


U =3 .0 


3.88 


3.05 


3.10 


3.11 


6.23 


3.30 


PropPAccel u 

K * (u+K u) 
u q 

K =1.0 














q K*=1.0 


2.65 


2.48 


3.05 


3.02 


6.76 


4.07 


U =3 .0 


2.35 


2.30 


2.99 


2.98 


6.18 


3.55 


K =0.5 














q K*=1.0 


2.75 


2.60 


3.07 


3.02 


6.87 


4.61 


U =2 . 0* 


2.61 


2.48 


3.03 


3.00 


6.55 


4.06 


=3.0 


2.52 


2.41 


3.01 


2.96 


6.35 


3.84 


K =0.2 














q K«=1.0 


. 2.88 


2.72 


3.07 


3.03 


6.94 


5.12 


u =3.0 


2.73 


2.64 


3.02 


2.99 


6.46 


4.33 



* Underlined values denote revised configuration. 
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AIRCRAFT TRANSFER FUNCTIONS FOR STANDARD AND REVISED 
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FIGURE 1. AIRCRAFT EQUATIONS OF MOTION 



Engine Thrust (lb) Engine Lag (sec) 





FIGURE 2. TF41-A-2 ENGINE CHARACTERISTICS 
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FIGURE 3. STANDARD APCS BLOCK DIAGRAM 




AZACC (g's) 



AFCS EQUATION 
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FIGURE 4. AFCS AND ACLS TRANSFER FUNCTIONS 




Step Size (sec) 

FIGURE 5. NUMERICAL INTEGRATION ERROR ANALYSIS 
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- = 1021.5(8+0.197) 

w ” T e s(s+2.857) (s+l/T e ) 

r = 327.2 

z T (s+1) (s+l/T ) 

r = 50,235s 

e " T e (s+0.435) (s+l/Tg) 



FIGURE 6. STANDARD APCS EQUIVALENT BLOCK DIAGRAM 
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FIGURE 7. LOCI OF ZEROES OF A" FOR 1/T VARIATION 



( 0 . 59 , 7 . 49 ) 
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FIGURE 8. LOCI OF ZEROES OF N c FOR 1/T VARIATION 



ro 
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FIGURE 9. LOCI OF ZEROES OF N. FOR 1/T VARIATION 
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FIGURE 10. LOCI OF ZEROES OF N FOR 1/T VARIATION 



Note: Axes Unequally 
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FIGURE 11. LOCI OF ZEROES OF A' " FOR K* VARIATION 



Note: Axes Unequally 

Scaled 
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FIGURE 12. LOCI OF ZEROES OF A" ' FOR K VARIATION 



Note: Axes Unequally 
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FIGURE 13. LOCI OF ZEROES OF A' ' ' FOR K VARIATION; 



Note: Axes Unequally 3 2 K = 0.5 
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FIGURE 14. LOCI OF ZEROES OF A" ' FOR K* VARIATION; 



Note: Axes Unequally 

Scaled 
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FIGURE 15. LOCI OF ZEROES OF N™ FOR K* VARIATION; K =0.5 



N 


L _ 


G 6 

l 


0 




u w 

g g 



> 



AIRCRAFT 

DYNAMICS 



w + 












G_ 


_ 


u 





G 

w 



_ 350.7 

u T e (s+1/T e ) 



K. (s+K ) 

u q 



7 0 1 . 4 ( s+0 . 5 ) 

T (s+l/T ) 
e' e ' 



FIGURE 16. REVISED APCS EQUIVALENT BLOCK DIAGRAM 
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1.8 sec 
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FIGURE 17. LOCI OF ZEROES A"' FOR 1/T VARIATION; REVISED CONFIGURATION 



1.8 sec 




60 



FIGURE 18. LOCI OF ZEROES OF N FOR 1/T VARIATION; REVISED CONFIGURATION 



Standard Configuration 
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FIGURE 19. AIRSPEED REPSONSE TO ELEVATOR, BODE PLOT 



Standard Configuration 
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FIGURE 20. ANGLE OF ATTACK RESPONSE TO ELEVATOR, BODE PLOT 
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FIGURE 21. AIRSPEED RESPONSE TO LONGITUDINAL GUST, BODE PLOT 



CSMP COMPUTER PROGRAM AND SAMPLE OUTPUT 
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XTEMP1=A(1, 1)*X1+A(1.2)*X2+A( 1,3)*X3+A( 1 , 4 )*X4+B( 1 , 1 ) *ELE V 
+B( 1.2)1'THRUST + B ( 1 , 3) * UGUST+B ( 1 »4)*WGUST 
Xl=INTGRL< XIO, XTEMP1) 

XTEMP2 = A(2,1)«' X1 + A(2,2)4X2+A(2,3)*X3+A(2,4)*X4+B( 2, 1)*ELEV 
+ B( 2 » 2 ) H-THRUST + B ( 2 » 3) UGUST+B( 2»4)^WGUST 



> > 

LU UJ 



LU 



UJ UJ 

* 



•» 


► •> 


















in 


sj- 


cm co 


















• 


w 


w *— 


















o 


CO 


O Q 


















n 


+ 


+ + 




X 














-j 


>t 


*■>* 




* 














UJ 


X 


XX X 




CL 














Q 


* 


* 




* 














CC 


<— 


«— — * — r>j 




+ 














a 




>t<r >t< 




r-A 














* 


•* 


•» •* •* + 




— » CL 














o 


^H 


H(NJh COH 




in 2— 
















*-00 


wwOOwUO 




CO LULU 














• 


<3 


00303 




t hh 








CL 


OC 




o 


+ o 


+ +0 + 0 




O X\ 








< 


o 




II 


cols 


cocorsco^s 




\ w — 








H 


CC 




-1 


x*r 


xx* x* 




— *H 








00 


QC 




UJ 




•» '#*.■ 




< HOO 








rsj 


LU 




a 


~sr 


.M* — M" 




X 03 








< 






H 


m ♦ 


COCO *(*0 + 




CL QOC 










> 




3 


*sf 


+ »cm *ro 




-1 31 








CO 


H 




a 


-4-w 


^HCMw^w 




— < XH 








nO 


l-H 




» 


^-co 


wwQwO 




>1 II 










O 




o 


< + 


00 + 0 + 




<> CL< 








o 


o 


— 


o 


+ H 


+ + H + H 




X< >-J 




►H 




o 


—I 


CM 


in 


CM tO 


CM CM 00 CM 00 




Q_ X LU CL 




rsl 




— % t 


LU 


OC 


o 


X=> 


XX3X3 




-J Cl — — I* 




+ 




NO 


> 


CC 


• 


*o 


*■ ^o^o 




-*<— 1 CL LUf s - 




CO 




< 1 




LU 


o 




O-'O 




H *< rsl — 1 • 




> 




♦ M* 


-J 


+ 


ii 


OJ*ir 


CMCM v* CM vr 




OOO-X SZ^KmO 




•K- 




inx 


< 


fH 


H 




— » »*-* *•— * 




3 #vO »— ►oo<in 




CM iH 




in + 


H 


CC 


-J 


cm M-co-^r-icMcocoro 




oo *>— QCOU3I n 




— CO — > 






2 


CC 


UJ 


CL W *CL W W ► » 




^ wCMUJh- CL *<arCLw 




1 * 1 




oo 


O 


UJ 


o 


5: <'ts:ooNoro 




1 J^JO NHisJXJ * 




OLU CM O O 




*< 


INI 


» 




UJ^ + ^ 


UJ+ + w + W 




CM OC »UJQh< *2h<0 




QM— — >0< 




OH 


t— i 


O 


o 


h- 't r-H CD H -I Q — 1 C 




XOO+HCc-O I •+ • 




X • CM CO * J ,- CO + 




• LU 


OC 


t 


t 


XXX + XXX + X + 




*-*H «^3C7' «OXO 




| 0>- >»-•>• CM 




OX 


Q 


o 


o 


• H 


*&» H «* H 


00 


20 3 *QCX^ 


00 


* i » »ao »>• 


00 


w H 


X 


W 


co 


OO— LOO— — oo — oo 


X 


*—< ♦— i *— - y O 3 ^ 3 CL — J 


X 


ooao i oi: 


2 


-J 1 




-1 


II 


CM CO r-4 3 >t *~I *-» 3 *-1 3 


o 


m : v _j in • k foj'-ujcc 


o 


LLw • • *"H • r-H 


C 


a. ro 


o 


QC 


s: 


XX +CCX •> »CC *cC 




sOmcx: rno cmo o_-;. lu<0 




NJ00>0<I 


*—« 


ox 


2 


o 


M 


— w^-x 


^^hcmxcox 


H 


COinO^-w • iJOh+h 


H 


^-CL— wvi- W + 


H 


<w 


< 


CMCMH 


H 




<X 


• • h • — i cn o <r • oc2 


< 


-JO— I-JO—ICO 


< 


UJ* 




vt «r- ^ 


2 


or u: <■?.• 


ocooK o^ 


3 


ooxoclm- 1 LUOZ< M 


3 


an— a: cl cc a: > 


3 


CL O' 


—1 




►-* 


O'O II — 


O ii ii — ii — 


O 


II II * — ' | O O CL CO IL CD l| 


O 


0200 1 O II 


O 


II • 


< 


^(M II 


LL 


H • *4" CM H » (M 2 CM 


UJ 


>*-. || II | — II t || II OrNH 


UJ 


HHhh II HO 


LU 


CC rH 


O 


xxz 




2ZC L * 


2 » ►— • » 




<<<H-ZCLHGQCIL200 




2* 2ZhZ< 




< II 




II 11 3 


CC 




*— <h cmclco 


to 


IIIOh> ll o<< II 3 


00 




CO 


H > 


H 


-ICMO 


LU 


II II UJ W 


ii a ,w * Q_ w 


o 


clclcloiiujclcco II <QC 


J 


II II II II Q II UJ 


o 


00 UJ 


QC 


fCDCQC 


X 


fMfO 1 — CC'tCNGMQ 


a 


J J JHi-i JNNNILIJX 


o 


LL *-• r-( CM CO CO X 


LL 


M-J 


UJ 


CC QC QC 


H - 4 


XXX + XI< + < + 


< 


<«33UJZ22Hah 


< 




< 


<3. UJ 


> 


LL UJ UJ 


H 



*4f * 












65 



2 
3 
O 
00 CL 
iuaL 



C^LLI 














3 * 




V 










l/)H 














O00 






— 








JD 




• 


>S N 








Oq: 




o 










X 




«— I 


>t 








Jh 




UL 


• 








o ► 




► 


in 








<< 




m 


h 








X-J 




tl 


LL 








O0Q. 




CC 


(NJ 








U •* 




a 


► 






-t 


LL cC 




CC 




m 


H 


m 


<< 




CC 


• • 


iomn 


iH 


to r-m 


*n» CD 




UJ 


3 


OnT CO 


00 


m oocvj 


OinIH 






LU 


O O'vOco 


h 


o ooir> 


0.200 




>- 


> 


• mo cm 


o 


H (MO 


< *3 




H 


UJ 


ocoo • *1000000010 • 


CLO 




H 


_J 


• H *Oo • • 


• • 


• • • »o 


X>3 




o 




OC\J,H I I OOOOOCMOO I 


H LU •> 


— % 


o 


H 








hJH 


O 


3 


oo 








ISUJOO 


t 


LU^ 


3 




CM 


IO 


♦ 3 


o 


>o 


O 


min 


00 


toin 


H>(X 


moo • 




o in cr 


O 


o>o 


U_ LU HI 


v.xooooooo 


»-H sf -0 


QO 


nOO 


<-Jh- 


xaixmxx 


• LOCO 


o • 


00 o 


CL UJ •> 


3 CLCX^ CL cL 


2 

0 

0 

0 

0 

2 

0 


• 

2 

0 

0 

0 

8 

0 



O » LL) oc<c» rn • t • • « • • H * • • • o 



cl o m cc uj *003 • 


1 OOOOOOOCMOO 


oo 1 


h<t * cl ox o 












<t h- (NJ UJ~-HO — — < 










H 


X LUX — OH- 3 OH 




•h r^- to 


>t 


Hvt 


to CM 


LLljjX * HO • >v — 1 0 * 


mo^ 


cohcm 


o 


oom 


(MO 


lohhh cc o- ho- 


moo 


Hmo 


o 


ocm 


OO 


*c I *x cojoitmo 


vfrvj 


Oh O 


o 


CM CM 


oo 


C£<UJ LO **■ O 


sOlO 


ooo. 


ooioin 


oo 


MLU tl vC^OOO^ 


o *o 


•o *oo 


• *o o • # 


O CL oo — H It h- 


•o • 


o *o 


• • H O • 


•oo 


Cluh< XLU<'00LU< 


o I o 


0 

0 

0 


l 1 O 


O 1 1 


IJ2d OdHXXHX 












HH ^ LL CL ^CLCL^CC 




CM 








ujM^^jo^acc^o 


m 


00 




IO 




X H Cl cl < UJ 3: LL 3 3 LL 


IOO 


o <f 


sO 


0MO 


xt°0< 


2 


-tr- 


OOCH 


-t 


sOlO 


hnOH cc 


h O O 


io oo 


OCMH 


00 


oco 


r-m < a 


x o O <1 


OCM 


om • 


r— 1 


(MO 


•nO CJ CL 3 


CL O OO H 


• «o 


• Hvfc 


0 #■ 


o »oot toco 


UJ CM m2 < oo • 


O • H 


• CM 


•o • 


• H^ZHZ 



H UJO | IO IOIO IO IOO |h 



66 



ENDDAT 



o 

o 

0> 

w# 

isl 



O 

O 

O' 

w* 

>• 



o 

o 

0> 

w* 

3 



/ 



a: 

O 



»— i 

X 

t—4 

» 

3 



>- 

uu 

o 

O 



a 



o— 

ocm 

Qn rH 



>UJ 



r 


00 


X 


u 


UJ 




Q 


>- 


o 


GO 


X 







*.j 


00 








o 












h~ 


uu 






UU 


UJ 












o~ 


_J 






h 


a 












Oh 


CO 






f\| HH 


X 












O'H 


< 






rH CL 


o 




00 








W * 


*—t 






•> K- 4 


o 




o 








DS 


a: 






H * 


CL 




OL 








•> 


< 






M a. 


a 




o 






UJ 


—*« 


> 






X 






o 






2 


O 






12 


► HH 


oo 




uu 






HH 


o 


h 




< 


^ • 


h- 




QC 






H 


o> a 


X 




cl 


-J 


X 










3 


cl 


a 




Q 


w o in 


►H 




> 






O 


x o 








UJ 00 rH 


a 




cc 






cc 


* 2 


X 




cc 


H- _J >* *• 


CL 




o 










o 




o 


□a; h * o 






H* 






CD 


s000» x 






u. 


_JX »—< — 1 «-h 


u 




a 






X 


^Sc^o 


U. 






CLCJ H O • 


o 




X 






*-< 


HJQh 


a 




O0 


ao w oo in 






o 


o 






Da«zn 






h- 


xx — x in 


h 




o 


CL 




h- 


QCQIUhh 


o 




X 




Ul 




CL 


oo 




o 


x<* a 


X 




< 




00 




h- 


H3 


oo 


_i 


-iXLU 






f— 


oo-ocooinn 






X 


•> 


K 


a 


x oooc 


oo 




00 


OOMO<Om I 


< 




♦—4 


*H — * 


X 




□ ooQa 


•— i 


V 0 


X 


iH^i^CNJsOrOO^CLOOrH 




UJ 




ii ino 


»—4 


UJ 


H x 




It 


a 


• »w *W G || CNJ |l 


< 


X 


o 


|| 


c 


X 


oo $ ; uu u.' 


X 


X 


a 


ininH-ini—inf— ocf cc 


o 


X 


«H 


WOO 


CL 


HH 


z _j 


a 


CL 




WW<W<W<CXOX 




I— 1 




in H 




-J 


IU.J <C0 


< 


< 


a 


OQSC^QIZchO 


a 


1— 


a 


CM Q CL 


o 


u 


S<HX 


cl 


CC 


< 


<<CL<CX<QiwCD a 


< 


X 


< 


<x 


< 


U- 




CD 


CD 


uu 


ujiucujCa.cu.coc 


UJ 


c 


UJ 


oux 


UJ 


a 


oauo 


X 


X 


CL 


CL QC LL CL u. CL U m X CD X 


CL 


o 


CL 


oax 


CL 



X 

a 

< 

cL 

CD in 

xro 

• * 

HO 

M 

HH » 

*in 

— co 



w** ^njco^in 
DO +kh-hh- 

oxoozjxxg 

XUJHCOCC 
w I QlXXXx 
~2I II II II II 

in^Zoooooooo 



•— ‘H II hhhh 

wDooaaaa 

ohssss 

OXQlDDDD 
<wSIXXXXX 

UJUL^ WwwWw 

q:h2x3>3> 



ino 


o 


o 


o 


in 


o 


in 


o 


o 

rH 


o 

CM 


o 

CO 


rH 


rH 


CM 


CM 


CO 



o 



o o 



o o 



o 



67 



umpt s ) =XOUT 



•* 




•* 


•» 


•» 


LU 


LU 


LU 


LU 


LU 


H 


H 


H 


H 


H 






M 


3 


3 


cc 


cC 


cc 


a: 


cc 


3 


M 


»— 1 


H- 1 


3 


* 


•» 


«► 


► 


► 


a. 


a 


a 


cl 


Cl 


3 


3 


3 


3 


3 


3 


►—< 


HH 


3 


3 


* 


-• 


•» 




► 


3 


3 


3 


3 


3 


o 


o 


O 


O 


O 


00 


00 


00 


00 


00 


> 


>- 


>- 


>- 


> 


•> 




* 


► 


► 


3 




3 


3 


3 


o 


o 


O 


O 


O 


00 


00 


00 


00 


00 


X 


X 


X 


X 


X 


•» 


► 


•» 


«► 


► 


LU 


LU 


LU 


LU 


LU 


3 


3 


3 


3 


3 


H 


H 


H 


H 


H 


3 


»— < 


3 


3 


3 


H 


H 


H 


H 


H 


►— 1 




3 


►— 1 


3 


- 


»> 


» 


- 


•» 


3 


3 


3 


3 


3 


LU 


LU 


LU 


LU 


LU 


CO 


CD 


CD 


CD 


CO 


< 


< 


< 


< 


< 


— 1 


3 


3 


3 


3 


o 


CMO 


CMO 


CMO 


CMO 



clh *clh -cl h *clh -clh 

3 00 r-l 3 00 3 3 OO ^ 3 00 3 3 00 
U< M U< II o< II U< II o< 







O — 1 *-*0 — l M Q 1*^0 l M Q3 






oOO 


00 00 00 


00 






O - -O - -Q ► -O - -O - 






H 


H H H 


H 






5: cl — 2 : a: — 5: a: — 5 : cc 2 : or 






3 


0 3 3 


3 






*o*-h -o^ -0 ► 0 






CL 


CL CL HQ. 


CL 






□hm>h«3 w ^> w ^N w O 






Z 


2 Z^Z 


2 






»-lu--lu--uj-»lu»» in 






mO 


hhH»^CL • 


M 






XhJXhJXmJXmJXh » 


in 




H 


H 3 2 








►Ih *XH *Ih *Ih -X in 






33 


33 Cl 3h3 


3' 


>o 




O0 3 M 00 3 ' M OO *— « *—« 00 »— « 3 00 M >4" 


0 




CL 


cl : 2 




W 




*|— H *1—1— -H H -Hi— * - 


^HSO 




2> 


2>~>H> 


> 


H 




Q.3 M a.2Ma2^a3:^a3: in 0 


O 1 - 




hhOhm m(/)m 


*-4 


3 




MW^_ r-UT\ 


OC HO 




0 : 


Ql H CL 3 CL 


CC 


a 




3 - 3 - 3 - 3 - 3-! O 


a ao 




H LU 


HUJOUJ OLU 


UJ 


X 




X>cL — 2 


3 3 




OOO 


OOOOO O 


0 


II 




wIJUOwUJOwUjOwIJJO^IIJ 03 


a.^ 


00 


3 


3 0 3 






3 


3003:00300300300 1 — 


^ C H 


a 


OOOOO O O 


0 


ooouj 


< 


< C «m «a c cm < C c\ < c cm < c C3 a: c 0 in o c\i it» o z: o 


0 : 


X 


zdzujZ 


;z 


h~m3 


a: 


cts: •uis; *d:s: *ixZ II -hcm m m _j 


< 


3 < 


3 < <2I<IL< 


a 2 


O 


O -ino -ino *mc -tno -iioaiw 


QCw H Cl 


0 








2ia»- 




Xw X'-' X— X w X c£0 3 


C3 OCC 




3 


3 OhZnD 


3h H 


3 


3 U J O 3 LU O 3 LL O UJ CJ J LL 3000 


hUCh-JZQ. 


< 


O 


UJ H 




2 2 


3 


30<30<30<30<30 o^o < 


Q< CLwCO 


H 


LU 3 


UJ 1 X 3 OO — 1 


3 


wca 


< 


<CUJ<OLU<CLL<QLU<C10LL OlDOCUJCCllhZ 


< 


2-0 


SO^O>UOOO 


nou 


O 




O 


H-.Z 


h-2H2 






0 0 0 0 u 






H*- 


H*— 1 ♦^H*”' 




o 




in 


0 in 0 




O 


00 00 H 




*4* 




< 


in in no 




00 00 


00 00 >00 3 00 00 00 












>0 


>0 0 a:Q 30 












•— I|-H CL 


Cl ll cl I Cl 0 Cl 




O 






O 


3 < 


3<isI<h< 3 


< 



68 



CSMP/360 SIMULATICN TATA 



oo o ot 

m N» N-m 

moO CD 00 m 

'TOO r- GO INI 

<3 IN O r\| UN 

Oinno nino 



• • • • • • • 

0000 ooo 

1 I 



oo CM 




oo 


mm oo 




UN UN 


UNO' O 




O' UN 


•TsO O 




-oo 


UNCO O 




ooo 


OfMOo 




ONO 


• • • • 




• • • 


00^0 


MATRI X 


ooo 

1 


f"*o >r 


i 


ON 


— 'UN O 


o 


in rvi 


mr\J O 




CMO 


O 




OO 


OO o 




OO 


OQHO 




ooo 


• • • • 




• • • 


oooo 




ooo 



I I I 



oo o 


OO 


oo o 


oo 


OOO >0 


OCC 


cm>t t 


sT-O 


m vi GO 


•'-ICO 




or->D 


• • • • 


• • • 


O'TOrg 


O'T'T 


-• 1 


i— i *-< 



I 



* 

* 

* 



* 

* 

* 



• • • 

• • • 



• 


• 


• 




m 


















l 












* 




CM 


























* 


« 


o 




CN 


























o 


UN 


• 




UN 


























• 


UN 


o 




• 


























o 


• 


o 




O 




















0^0 




O' 


o 


pH 


o 




II 




















onn 




>T 


CM 


* 


CO 
























OOUN 




m 


pH 


o 


♦ 




• 




















Ooo 




o 


| 


• 


o 




D 




















ooa 






» 


o 


« 




CN 




















oooo 




00-0 


UN 


o 


pH 




O' 




















• • • • 




• • • 


CM 


CM 


• 




N~ 






UN 














OCOhO 




OoCM 


• 


* 


o 




• 






• 






X 








O | 






<M 


UN 


• 




O' 






O 






3 








CM 






* 


03 


o 




ll 






II 






O 














O 


• 


o 




N-l 






_l 




on 


CC 














• 


pH 


o 




CL, 






UJ 




UJ 


CC 














o 


» 


CM 




* 


o 




o 




a: 


UJ 














o 


o 


» 




CN 


• 




a 




3 


* 














UN 


• 


UN 




03 


o 




a 




on 


K 








00 




O 


«— 1 


o 


O 




0 


ii 




» 




O 


on 








00 




O 


1 


*■ 


• 




• 


o 




o 




-J 


3 








O' 




o 


* 


m 


vi 




n 


LU 




H 




o 


or. 








O' 




o 


in 


o 


« 






INI 




• 


l 




X 








UN 




o 


• 


• 


o 




ii 


* 




o 




_l 


K 








hOOO 




ooo 


CM 


CM 


• 




pH 


O 




II 




o 


» 








• • • • 




• • • 


► 


» 


o 




03 


• 




_l 




<1 


< 








rgooo 




00^0 


O 


o 


o 




» 


o 




UJ 




•x 


-J 






X 


o 


X 


«>H 


• 


• 


CM 




O' 


II 




a 




on 


Cl 






tv 


1 




CM 


o 


o 


pH 




co 


o 




K 




u 


• 






Ol 




CC 




o 


o 


» 






'T 




3 




LL 


or 






H 




b- 




aO 


CM 


H 




• 


X 




C 




< 


<3 






<1 




< 




*-h 


| 


• 




o 


• 




• 




-n. 


(X 






X 




X 




1 


•• 


rH 




~0 


o 




O 




U 


fNl 


1— 




| 




1 




* 


00 


* 




II 


• 




o 




a 


2 


on 




< 


OO o 


o 


oo<r 


o 


O 


o 




o 


o 




UN 




<r 


» 


3 






oo O 




ar-m 


• 


• 


• 




CC 


II 




o 






a' 


o 






Ol7» 00 




ooom 


'T 


CM 


o 






o 


o 


• 




X 


> 


3 






-TOO N> 




OCOCNI 


* 


• 


o 




O' 


m 


• 


o 




h* 


LL 


* 






%0CM O 




Ocmun 


O 


O 


03 




o 


X 


CM 


II 




v 


_J 


♦- 






omoo 




OUNO 


• 


• 






m 


* 


II 


b~ 




3 


IU 


on 






• • • • 




• • • 


o 


lj 


UN 




• 


o 


H- 


-J 








_p 






o 0 00 




pho o 


o 


o 


vi 




o 


• 


C 


UJ 




H- 


> 


or 






1 1 




1 | 


vt 


'T 


« 




II 


o 


c 


C. 




U_ 


LU 


X 












INI 


| 


pH 




v 1 


II 


3 


• 




<3 


-J 


b- 












| 


* 


• 




*t 


o 


X 


o 




or 


LU 


» 












II 


m 


o 




» 


CM 


► 


• 




o 


* 


UJ 












> 


ph 


• 




CM 


X 


UN 


o 




a: 


u 


INJ 












CC 


• 


o 




'T 


• 


• 


m 




m 


<3 


» 












=3 


CM 


o 




CM 


o 


O 


ii 




< 


K 


CM 


N'Cp'pHp- 




oq (M 




O O 


U 


• 






O 


• 


M 


2. 


X 




U’ 


X 


O°000 




mo oc 




m un 


LLl 


O 


• 




« 


o 


O. 


•— < 


LL 


IL 


X 


• 


II M 




mo o 




O' UN 


K 


• 


r- 




o 


II 


X 


►— 


1/3 


r> 


b- 


pH 


LL 1 LL Li LL LL 




tn o 




'CO 




o 


CN 




II 


o 




2 


X 


1 


* 


X 


on c o c C o 




m oc o 




coo 


-> 


c 


• 




c 


P-l 


K 




a 


< 


LL 




u.oocuo 




'-'CMCC 




C CN O 


o 


00 


vi 




< 


X 


2 


U. 






INI 


LL 


jo^c o^ 




• • • • 




• • • 


M 


1 


• 








< 




C 






CC 


CCCOCOO 




OOOO 




coo 


b~ 


* 


o 




3 : 


2 


H 


a 


C 


LL 


K 


<3 






1 1 1 




I 


u 


GO 


• 




< 


o 


on 


u 


X 


-J 


2 


a 


*— IT fTl m vi 










2 


,V 


o 


o 


a 


o 


2 


2. 


»“ 


b~ 


«_ 


LL 


a 










13 


• 


o 


• 


< 


2 


C 


— 


IL 




ct 


CC 


<3 II H II II » 










U. 


CN 




v 


a 


*_ 


O 


K 


X 


b- 


Cl 


a 


> 2X _j 


































k-*-_JLL 


































a klNLLC 
ILJjZCl- 











c x ll u. —or r; 

2 -CC ILO- C 



U. K 



69 



7F AIRCRAFT WITH A°C/AFCS/ACL CLOSURES RKSFX INTEGRATION 



fMHHHOOonoo^- • — i^^^g^-g.-g^g^g^g'-H^g-^.-g.-g^g >jcgrg:\i;-'j<'\jrjegcg<\irgrg(\jrgrgrg^'‘Mr'ir.|r\j'-\ir\jCgrgogr\jr\irgrgrg''\| 

OOOOOOOOOOOOOOOOOO^OOOOOOOOOOOOOOOOOOCJOOC^O^OO OOOOOOOOO OOOOOO 

I I I I 

57 ujUJui*-utiiujcuujLLmiinuJ , x)uiUjhiJUjUJuiUJUJiuUJUJiiJiiJu.iUJajuiLJiiJiuii.iujLLjujuji-LJa'u uiiuu ju^u^u jju.u..'luw J :„ju_ 1 lu u.u.u 'lull 
Z) f^(N°^orn»f>ra3rocoh-^co^rgr^r^oO'Oa^C>L^^u>^rNj^H^'M^r^co.-nOv^N3->3->T'*»o l or>joc r '-A^j;%^“4'vO— < >cOoin-4-7>^'^j 
o rn(\jLninr\jLn>o^rou^rsjOro^^roc>NO^aoC^orjoLoO'Nf^ir»(^ro^no^u^C>f'Jrsj>rrNjO'0>o^Nr^^>r>TOOO‘^jNi\<cr'aof^*c. ,N ir''^rn 
ac Ooo^>Oix^ao r ^Xrg4'raONr^ixc > rorn^4'r~m^'f^N7'rgr^a N L^x>0<>0^eg<^cgmaO(N4mrgm‘x>^x.oOrgmh-^g4‘r'~co>£)Omrn 
QfO^ s j-r^0>v0fNr s >-fMOO'4' OOrvJ'tCOfSUryOOO'OrOQOrx.^gN^HrnLry^r'’- r«-<M 'OC7'(NrT)>?-NT^'-'\.r' 



/ ^^4^H'ro>^<N(NrO't^O'^HfNjfNjmr^rnm'3 - '4''r'tuvr'u > to co cr'^^^— • — i<Nf\icgr^mro4'4-'r'r-4‘'y 'T't <r 4^ ^ 4- 4- vf 4- ^ 4" 4- t -t 



o -g ^ eg eg fNJ fvj <N eg r j eg eg eg eg eg r rg eg eg rg rj ^g ^g eg ogrg cm c\j r j rg r\j eg rg eg rr r > ro rO rr rn eg rg rg -grg rg rg c j m eg rg rg eg r j eg — • r ; r J eg 
O 0^00^0 oo O n OO <^>0 OO OO OOOO oo O^OO^O 000^00 OOOO O r '> OO no OO 0^000000000 

►— LULULULULULUUIUIUIUJLUUIUiLULLujUjLLIUJLUUiIUUjU UjLLi UjU 1 LUUiLLl UJ t Ll LU U'LLUUJjUJUHI , LU U i UJU - U 'L J UJ LL IU LL u 1 U . gj OJ LU U. Uj Ui LU 

IS) e- ^novO'OOO'f coO' O'e-rjO' aginmiX >C 4*r-> g 3 rgir\ coo 45 ® 4 ^ - 4 - ^g •'in 4- re^g joooo^^^ Xp- r-o <0 Orgasm fNj^-cc Ogs^g 

Z) 4 " H^iOinvONiriO r»rr r- om O'N^Oh rrjrgo'-g 4 ^ irNr-aso^r^^ c/' m >t <\j m in 4 " ac C ^ro 

or f^vO®inO'Lnrjr^oirisO^Lr\ror^h-NO r-— 1 ^04- rjrjf- om r-ao omo^ 4-rgn ramm< 7 'Om 4 , rjc , e: — < O' re ^^4; o cr 4 -r'ice ' ir- j*. 

XOir»oa3-s}‘'4-f r »(NO»-tonf s 'Otr'(\j^co^a:(Nja>^r-i>rr r »rsir^C''U''~'OC^c>ooroor^^-mroo'J''J' goo'^' 5'4-'T^— '>r^- omm^'C' rg.o 



I I I I I I I I I I I I I I I 1 I I I I I I I I I I I I I l | I I l I l III 



( ^HOHHHHf'JHO'>OO^H^QOnH^-«OUoO ^OO^HOOO^OOOOO^M^OO 'iQO^Hnoo^H-'oOc O 
00^0 OCJOOOO^OOOOO 0000 O^OOOOOOO^OUOO-^OOOOOO 0000 ''OOOT n OO n O°C^ r )0 
I I I I I I I I III III I III II I I 

ILI UJ U i UJ LU UJ li 1 Ul LL 1 U <11 1 UJ L>J U J U. iu U . IULU Ulu U ’ U • UJ UJ U . UJU 1 U 'U ' U JU JU I U iLUL' li UiU IU HU II I U I UUJ_ U J I IlL‘ iU .U U ■ u I U • IJ IU : U lOUJU' 
^xj-rgrvjO'O'coO^insj- rjaOvOroO'mOO' ^-iiAP- vj-u'%o>t r ^>-^^ o f\|ir(ir\trir s -rnCr'0D^00fri > r >o — <r~ r ’‘~jO' o r\j^f\isj-r^Of\ir^ 

r^OvjLna'Ln^or^fNj— • r \tO'>4' ^ , oma'O r> OvO'^N < VfoM r **NO<D^ %r (Nj^vru^ <r inf*" c^y^u^cc ^-r 

jo rr^y'O'^ - *— :o<\J>N >t on so sj- rsjr^a' O Oortr^'TfN.— o^o^vjvOO'-f'.Nom 

a 

t^m^rviCT'en 'vC—.CT' rgrvj^O'^ru^'^^rvjfrimroro^rvj^iO'4- ^ fNirnr^*>3‘^fvJ f ''*-^— *>0 vO^^^p*- ro— 

I I II I I I I I I I I I I I I I I I I I I I I I | I 1 I I I I l I I I I I 

.— ( •— * •— <f\) <— < •— ( ■ — 1 •— ( • — t' - 4 •— < »“) < . — ( >— < . — i <—i •—* w— i • — < •—* • — < >— i r—t ■— i r sj w—t o O O O •— 1 w— i f\. ■— < O O O C-3 ^ . — < ■— t ^ J — i ■— < . — 4 ■— t f\J f\j 1—4 O C7 *—* > — * Ovj 

oo-iouoooaonnoocunoooo^^'Jo r JnounooonnoO''ioacoooonnuoQnoooo ->coco 

1 I I I I 1 I I 1 1 I l 1 1 1 1 1 I I 1 1 1 1 I 1 1 1 1 l l 1 1 I l 1 1 1 1 I 1 1 l l I ill 

t-ULULLlLUU'UJLUlUU U j’JJ U» IU U J UJ UI U • ujUJ Uj Lli U- U ; U ^ U J L > li I U . I L> UJll . LJ OJuU l' JlUUJ U JUj U j U. U UJ U ' U 1 U-, UjUJ UJ L>l UJI L l UJU-I 

a vf^C'roPNJvj-O'C/'rj 0 ^'— 4 o^O'r\^r\j^-Nj-fM"^'r^ >y i^o^o*— p^egu ''C'^'OC' 'Oir.u^ rnro '"'>* 0^-00 r-*^ ram l '00'Oo>J‘ 

<t ooC'0'irt(No>j-c3f\jm^cocovC'Tt-Jvj-p*-rn^r , ^r^coa>x;ir\N}-u'U~i>r*-t0^h-f^irfvj<j' ^^rjp'^g-oa ^^>X'iP^<oP s >OPi'OC 
cd cgfn>omvrtri'4-PM^<' ks -<NjcO'T'CraC'o^ | -^u'»m^ir\— t ^^ra'O^vO^ocio^^co^^or-r'-rgf*-' «o<rof^ OGOvj-'Mvtr'- 

r^o^iTirvj'g-Lr'r^f^— ‘or^^-ior^crp*- o — •m— • -^aoror-r-j^^ rD,x>m ora^rj^'r.'^r - jr^ 



o eg m f\i >o <n <N — • ^ >0 o o —1 1,0 a? O' ^ I s - •-* m >0 ra o' r^* ra r~ >r rg f\j -o — • ^ <\j m f\i <-• i\i eg —1 ^ O' x ^ m ^ a> ro f\i 'O •-* ^ & m ^ 

III I 1 1 l M l 1 I 1 1 l l 1 I l I I 1 1 11 I ll 

HHHHHrHf\jH^OrHHH^H 0 O 0 HMHH^H 00 o 0 HHQ 000 n 0 JO 0-*00 lOOnOO^HnQHrJ r-<O 00 O-H 

nOnOOOOOOOoOOmGOOnQOnOOOO'iOOnOOnOoOO'-lOGOO'iGOm C^OO^DO^O^OOoO 
I I I I I I I I I I I I I I I I I I I I II I I I III I 

LUU.I-UUiU-UJLLJlim. jju-u UjUlljOJUJlijU-uja.ajiJ-JjU.UJU U UUM'JU^I- LuUlu.t ■U.UiUtaJlJjL-lUJHtou ILiIUu LL u LjU'U Ll U.LJlULU 
a oar^o^— | >oor»*f s -f^>ora<‘'Jf'>i' 4 ’ 0 ^r*coir.r , «-ajC''J«j-o^>yoo^ oo~:^';omigO‘'>r>0'0<‘go>OL'vxorg:ooovrr'-cjra t ri >j-^ -om 

> rg<Msjra^ vro' 0 ^p^x t ~><ra'^ j'oor»-r'»o r ^P'-^mr' gr g-Osor-m — h-^— •f > “o'r > nn 

lu mrao'^rar^^<'j\>mr^O'o f \Jf''><N<' r *<7'CT'r*-.o®aco gj -> ^j- m cnj vO o O' xx lt - 4 - >4 rgr^oa'io^ing: ^ *-hco ~-iz vr *f~*co(T'm'T *00 
_JOn'>U'>omooof r i'Or-’-^‘™Jh-orgfgOrg0^r-m '>-Hinrri4 n ^o^^Qu\'0in4 < g^mo>r >rg)m»*jogDfN.o^4->j- lt\ £ m ^ 

• • 

III I I I l l | I I I I I I I I l l I I l l I I I I 



rnr^rornrn>t rnrnrn og(\jrn^n^ >nr^rn<^f Tvr.O'nc^ f\j eg rvj^rgrT*^ ^.rgrjtNi rgrgc\j eg (Nj'nrn^^P'' rari-* 1 ’ll n< T ’'ro< s J(Nrn rno^meg^jcg 

OOOUOOOOOOOQO^nonOO'JOeoo eoouoeoo ^UQirJ , '''OCnciCiaC''OoeOOCO nt - J ^OneU 

I I l I I 1 I I l l l I I I I l 1 I I I l I 1 I 1 l 1 l 1 1 1 1 I I I l 1 I I l I 1 1 l l 1 l l l I I I 1 1 1 1 I 1 I I 

LUUILULUUjLUujLi It I UU LUU UjUjLULUUUiUU Ll Jjli-| 1 .:uiUJU..U J U U-UiLUUjUJlUUJLUUjU^ujLi-UJllill U-iLUaiJUJUJU IU U i l_l' 'U L'Jl^jLL' 

n'Or»-0'4rg4P-M4L'>0' 0^40 c— • x o N0fOinm r ^«'O Nirg-ejg-u-MTiinHrn 'DL^Xf', o-'irg^oo >o>^ om>TOrg'Ci 

> 0'rg(ry'P-^OjOM'gfgy'Og)4 0 r ' { JfMrguco Hj''fJP , *r-U'rj-^(\j^sj(\ sQu>rg irg^ vj-ij ohgi O' vC^u 4 - O .•\c>-‘ ir»-^ 00 r^o 

Uj 0>’N^Of^m^fOmvOr»»^rg^ceirg'X>4-.-i^>4U''i 0C0f4 4 4^OrgO4n^(>rg^N^Qin4in *j m.*n u 7J> m >0 CD 'T vOOm 4 - x <» 

_j<j / ^Orof s ~f r '»rg'^o r ' r ^^^ f:| ra4-C7'>o gD^r*-f'jf v *mr^oo.ju'v > 0 ^- irisj C 1 n g , co^riNO'o; r- 4-L' • , '•nir ^rg-0^°o 



O^'J'inrn^g sO^fNje~^^CMrif\j>0rei vOP^ 4-eg e'rsj uOrj^ — jegrg rgfvl^r- >r rT^r-jsr — * 

I I I I I I I I | I I I I I I I I I I I I I II I 



^(^rnrornro^rn^egcNirgrgrgrOrrjrnegrgrtrornror,, rgpgrg<Nf\jrjrgrn ^rgrgfNjegogrgrgrjrgrgc^^-^r" r<> ^rr m<Ni rgrg rgrnorgrgfN 
nooooouo^oouoeuonooc^ ■ujc°oooo^uo''oooo r >oQnoocoec , o r onoooo^oceo 
I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I I 
O u-Luu-ujU i^u>iljujl:.ujll u ujll-UIujiuu-ll Uju'u u-u. u. ujlui ' u. u. u ii «uju u ii'U ilu.u u u.c 1 . u a u u.iuU ll luluu lu ujlu 
< inoooooaDe»Cinr , “4''^'1’u > 'T fO'^OOC 1 '- 1 ^orafv.p^rn4-»-ir^e**>rv*o04Tei4’egoC7'( , \j'Oreire«~>m'*'Oti''sOv3rjm4’e-C"C'4'<J co co 
K- 4^lTi4 5 00 L"'NN^c*'^^ 4P''C ^ O *T OCC g3 CNi^ 1 " C ^ u^rOU' rD -O 'f CZ~^CZ 1? O'^CD't C l ^gO^HO-gr- 

LU ®4* > 00'</'C7'r^m^Nr^Om^^c00 N ^mOu''^OCL i >J-00^gr*(^eJ4-<7'O0'^ , “Pn4-fSj^ge-o^jf > *->r'^O^g'X3Ofe>Tr , ^rgiri-^f r -gegin 
XOr^fN^^r^^sTcrroogDO'cx: 4 ''Oxrao^gi s - 0 '^C^ou^gmC' 0 N *occ 4 ’Lr'(r' <:: 3 ^ra^r*-iri<^ro^x^'u'^g^-u'rei-^ i 4 ’iofNraorr‘Lr'<--' 



^g^g^g^g— CO-g>T^^gl/'m^'T ^g»-c\;rgrgref\jr\a:in^g(\jiO>r >rm4-rr|r4^g ^ IIT 4-^^fM 

I I I I I I I I I I I I I I I I I I I I I II I I I I I I I I I I I I I I 



cv- ~-t ^g -g O '■ ^ ^g ^ O O O O ^ O O Cg -g O <- — » ^g O C O O O ^ O O O *- O <Z <Z " O ^g ^ D O O O ^ O r 1 o *-v ^ O O O -g -g O 

^ooooooooooooooo ■'cooonoc '-*ooooooo<~ , oooo r ?c;aococoooo''*e;oc oooooa^o 

l l l l i i i l I i i l I li l I 

LL' ll u: LU U LULL U U LLlULULULLU UULLU.LLLJU.LLU u U-UUUUUULL'Uu.LLU ULLLLLLLL'UU Uu.UU LLU LL U IL'U'LLLLLLLLLuU 
cvjCv'0^ac^^'Cf^<\.c N a4’>TCf^®'^^-r-,'N.O'XrvO'fN.r>.i s -'m4-^-C'^Lrooe'ifrLrO'T'-irsCO' r ior:h>io'^cc:(rrg^*u , 'C:c,OvC4- 

0'«\jO'fviO'^'-eg(\ioJ K l s -e“'C4->r'-'0'r^U''C'rir'^a:Lr'>oC'*orn*-vOre > off>a'C s oe-rno*C'>TL s e-<r4 , Oirg:*-c'''C^ > ^ lN ‘ > ^ fN;0 

<j'»-'(\'}Tgegr-QCO'p^»-g:^-C'-girr s “p*»ro^-e'e“O v c:ocg; 4 - orr'-'m-gf s ~reC— > w >-«'^r^g;'^irrLreo'<r '0 

uCroof r CO^iri«x^pg.4'<^c\^xa:p^^-4-rg^-oxcc--'^--gCP^C7''4'fe^ir'Cr»*g2rer-.cr-XNCreue*>>:r-''^^-xre^.p«-ac'rir^gLrir 

• * 

OiTr^'CC'*— ^CT'C'^ — rL<\jrTir r ifs.-<cciri s '^»-' 0 'e p 'i\^gfv.m 4 - 4 -' 4 ' 4 f r ^ 4 -i\vrg:rac'^C , 'ccr , “g 3 >yf r cs»-‘'-fe 4 '-gfsfv.(\fM»- 4 -sC^- 

I I I I I I I I l I I i I I i I I I l I I I I I I I l i I I I I I l I 



— <CCOO<’'>oC'~>C:Cc c: ‘~>CC'" > CC^g<-g—^---— — — -g*-<~«--*--g^-^,-'_-gww^- — — — — — — . 

eoCOOeoC r >COCCncC r, COCC r >CC r 'COCCrCCecCCCeCC r )OCCCeCDOCUCCOCCccec 



<x LLLLU-LLU UUUUU u UULLUU U. UULLULUUUL-LUUUUUUUUUUULUUUUU UUUUU UU.U-LLU ullll llllu. llllll 

OOOCCr‘COOOCCCrJCC^CCCCr , CCOCGCCOOOr-'CCCCOCCOCCCC<“*CC!OOCCCOCOCC'‘'C 
ll ocQccccceccccccc^cccjccccoccceccrcccccccecuccrcocccccncucccc 
3_ ncccc^cc'“cccc'~ccecccu' r 'irc>rcircireircircirc^ ,, 'i* , 'ci/'cif oir^irGircircir^irCirCirr 
*—C cir rircirorciT <~ir Cir cm Cir r*c ^-»-rs, i\fr re 4 - ^mm v0g:r-f > »ococo'0' ce .c\rs.mm>T4-irir^g;r«-r-’raxC'C'C 

ac • « • 

cc — (M\r r r r 'T'ririrg:g:i s *r^ccccaC'^.^*^-^^'-*^-— — — »-»-^-*“»“»-cMM\(\<\(\i\rLC\{\(\<\(\<\<v.(\f\(\isc\fe 



70 



K-SCRLOS- OOE+OO UNITS INCH. 

Y-SCRLE=2. OOE+OO UNITS INCH. 

U U5 TIME U GUST INPUT 
RPCS I NCL U RNQ DERIU U INPUTS 



ZL 



-zzz z:z Quz 




RMS GUST LEVEL: 5.0217 



I L 



73 



< 

CHNXX> 

C 73 H 

GOC > 

HOO CD 

H r- 

m 



go 



< I I I II 

~n 

r • • • • • 2 

O sOUJ 4S *—< i 

n uj -. 4 ro c> oo z 
U> ^ o .N> O ►-! 
—I 004s 4 >Ulo Z 
*< rnmiDTimc 

m Ooooo 
73 H-rvjoo^ 

70 

O 

73 

|| ►— * ►— * ►— * 

• • • • • 

00 v0 1 — • --g H 

OOOOUIM 

4> OOOOoZ 
• rnminmmm 
o 

ui ooooo 




hhhOM 

• • • • • 2 

<jOUlh-*-Nl^X 
^ ->J -xj l\) ♦ 

mmmmmc 

z 

ooooo 

HbJHOO 



• • • • • 

OD^OO^H 

OUIOOOH 

UiOOOOh 

oooooz 

mmrnmmm 



ooooo 



PROBLEM DURATION 0.0 TO 3.0000E 01 




73 



X-:-CKlF.«5. OOF+OO UNITS INCH. 

V-5CRLEv ; 5. QOE : + OQ UNITS INCH. 
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X-SCRLE>5.00E : +00 UNITS INCH. 

Y-SCRLE-i. GOF.+Ol UNITS INCH. 

UGUST US TIME 

RPCS I NCL U RND DERIU U INPUTS 
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K-SCRLE--=5- OOE + OO UNITS INCH- 
V-SCRLE-i- 00F.+03 UNITS INCH. 

THRUST US TIME U GUST INPUT 
RPCS INCL U RND DERIU U INPUTS 



APPENDIX B 



GUST MODEL ANALYSIS 



To simulate a gust input for the CSMP simulation, a random number 
generator was used. The CSMP function RNDGEN has a uniform probability 
distribution function with possible values from 0.0 to 1.0. As the 
desired mean of the gust input was 0.0, a constant value of 0.5 was 
subtracted from the RNDGEN output. The output of the random number 
generator was passed through a CSMP second-order filter with a break 
frequency of 1.0 rad/sec and a damping coefficient of 0.707 and was 
multiplied by a constant to achieve an RMS value of 5.0. The following 
is a power spectral analysis of the gust model. 

Denoting the RNDGEN output signal in the frequency domain as X(jou), 
the filter Fourier Transform as H(jcjo), and the resultant gust signal as 
Y(jcu), the relationship between X(jtu) and Y(juu) is shown in Figure B.l. 
The output power spectral 



X(jco) 



H(jco) 



*** Y(juj) 



FIGURE B.l GUST MODEL BLOCK DIAGRAM 



density is equal to the input power spectral density multiplied by the 
absolute value squared of the filter Fourier Transform: 

$ yy (jw) = |h(jco) | 2 ^(j®) ' <n 

The mean square value of the output, or average output power, can be 
determined by evaluating the autocorrelation function, c p yy (r), at t = 0: 



77 



_ 2 

y 



■ ! fyy (0) ” Sf J”4 yy ( j »j) 

"h J>*>f ^ <j0,:,<lu ' 

— 00 



( 2 ) 



y is defined as the RMS value of y(t). 

A typical time plot of x(t) is shown in Figure B.2, 




FIGURE B. 2 RNDGEN Output vs. Time 

The random number generator output is a discrete value at each At. The 

resultant curve through the points represents the fourth-order Runge- 

Kutta approximation of the function. By approximating the curve by a 

series of steps, a rough approximation of the autocorrelation function, 

cp (T) , was determined, 
xx 

The autocorrelation function is defined by the equation, 

q> <T) = r® x(t) x(t + r) dt (3) 

X A O 

•m 00 



For the step series function utilized to approximate the RNDGEN output, 
each segment. At in length, is uncorrelated with every other segment; 
that is, 

<P XX (T) = 0 I T| > At (4) 
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To determine cp xx (T) subject to the restriction of Equation (4), x(t) 
was depicted as in Figure B.3 [Ref. B.l], By applying Equation (3) 



/ 


fv x(t) 
a 








- 










l S 



At .At 

2 + 2 



FIGURE B.3 Plot of x(t) to Determine <P (T) 

to Figure B.3 and requiring that 9 xx (t) evaluated t = 0 be equal to the 
variance, cp (r) was determined. 

XX 



cp (T) = CT 

Y XX X 





|t|< At (5) 



The power spectral density can be expressed 



*xx (jcu) = dT 

— 00 



( 6 ) 



By substituting Equation (5) into Equation (6) and noting that cp (T) 

xx 

is even function. 



^ x (jcu) = 2 <* x 2 (- ££ T + i) cosurr 
, 2 

= -t[ — ( 1 - cosojT) 

co At 



(7) 



By successively applying L 1 Hospital's Rule 



$ (0) = a 2 At 

XX X 



( 8 ) 
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$ (jit) is periodic with a period equal to 2n/At. For a small Integra- 
tion step size with the filter cutoff frequency of 1.0 rad/sec, 0 (joj) 

XX 

is essentially flat in the frequency range of interest and can be 
considered a constant at the zero-frequency value shown in Equation (8). 
For a second-order filter with a break frequency of 1.0 rad/sec, the 
magnitude of the transfer function, H(jtju), squared has a -40 dB/decade 
slope for frequencies greater than 1.0 rad/sec. Based on the flat power 
spectral density at low frequencies and the filter cutoff frequency, 
the evaluation of Equation (2) was approximated by taking as a 

constant at its zero-frequency value. The resulting integral was 



9 



yy 



(0) = 



0 ) 



2 2 
00 (ju>) + 2£ai n (ju)) + o) n 



dm 



(9) 



and was of a form tabulated in Ref. B.2. Substituting for u) and £ and 

n 

evaluating, 

cp (0) = 0.354a 2 - At = y 2 

T yy x 

At y = 5.0 ft/sec and At = 0.05 sec, 

ct = 37.6 ft/sec (10) 

In actual simulation the value of a was strongly dependent on the 
RNDGEN used in the simulation, varying from 1.7 to 3.1 with a mean of 
2.4, all values falling below the predicted. RMS values of the input to 
the filter (the outputs of the RNDGEN 1 s) were essentially constant at 
the predicted value. The underestimation of the value of required 
to achieve the desired value of a was a direct result of the step 

y 

approximation to the fourth-order integration. The reason for the large 



80 



variance in output RMS values was not determined but was suspected to 
be caused by the short run time. The length of each run was 30 seconds, 
or 3600 integration points. In the final model, ct x was adjusted to 
obtain the desired value of 5.0 ft/sec for c . 

y 
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APPENDIX C 



MULTIPLE LOOP CONTROL SYSTEM ANALYSIS 



The multiple loop analysis technique described below is derived 
and demonstrated for a general case in Ref. C.l. The technique is a 
procedure for expressing specific closed loop transfer functions of a 
multiple loop system in terms of the elements of the open loop, feed- 
forward and feedback matrices. The following is a two control input, 
three output example. 

Consider the system 



[A] 



a il’ a 12» a l3 



a 21* a 22’ a 23 



a 31 , a 32’ a 33 



(X) 


II 


U3 


( x l (s) 




^11* b 12 


X 2 (s) 


= 


b 21 ’ b 22 


IX 3 (S); 


1 


b 31’ b 32_ 



{6} 


H- 


[C] 


Cr] 


6^8) 




c ir c i 2 


( ^(s)' 


6 2 ( S ) 


+ 


C 21> c 22 


(r 2 ( s ) 






_f31* C 32_ 





( 1 ) 



Matrix elements are general and may contain operators. [A] is the open 
loop system matrix, {x} is a vector of variables, {5} is a vector of 
control variables, and {r} is a vector of external disturbances. The 
system will contain one feedforward and two feedback paths to drive the 




-> X, 



X, 

X. 



FIGURE C.l Control System Block Diagram 
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The control equation is 



e i * ' h l X 2 - h 2 x 3 + Y l 8 2 



( 2 ) 



The (s) notation has been dropped for simplicity. Substituting Equation 
(2) into (1) and rearranging 



a ll’ a 12 +h l b ll’ a 13 +h 2 b ll 



a 21’ a ^2 +h l b 21’ a 23 +h 2 b 21 
a 31’ a 32 +h l b 31’ a 33 +h 2 b 31 



X, 



X, 



X. 





Vi b i.' 




C ll’ 


1 

CSI 

o 


= 


b 22 +Y l b 21 


5 2 + 


C 21* 


CM 

CM 

O 




b 32 +Y l b 31_ 




C 31* 


c 32 



R, 



( 3 ) 



Equation (3) is represented by the matrix notation 



[A”] {x} - [B'O {a 2 } + [c] (R) 



where A f 1 denotes two loop closures and B 1 denotes one feedforward path. 
The closed loop system determinant can be expanded into a sum of four 
determinants 



a ll* 


a 12* 


a 13 




a n» 


h l b ll* 


a 13 


a 2l» 


a 22* 


a 23 


+ 


a 21* 


h l b 21’ 


a 23 


a 31» 


a 32 * 


a 33 


1 


a 31* 


h l b 31» 


a 33 



( 4 ) 





a ll* a 12’ h 2 b ll 




a ll» h l b ll* h 2 b ll 


+ 


a 2l» a 22’ h 2 b 21 


+ 


a 21* h l b 21* h 2 b 21 




a 31* a 32 * h 2 b 31 


3 


a 31* h l b 31* h 2 b 31 
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The determinant with a subscript of 1 is the open loop system determinant. 



Number 2 is the numerator of the open loop ^ 2^1 trans f er function 

multiplied by h^. Number 3 is the numerator of the open loop X^/ 6 ^ 

transfer function multiplied by Number 4 is identically equal to 

zero, as the second and third columns are proportional. 

N^ denotes the numerator of the open loop X/6 transfer function. 
0 

Using this notation s Equation (4) becomes 



Xr 



“ - 4 + h A ‘ +h 2 N 6j 



(5) 



Equation (5) can be expanded for the general case to any order and 
number of closures as 



A irhn - a +2 X h Xj 

i=l j=l J °i 



( 6 ) 



h.. represents the feedback transfer function from 6 ^ to x^. 



is defined as the closed loop numerator of the 

x 3 ’ ^2 ®1 

Xj ^/62 transfer function for the above loop closures. 

From Equation (3) 





*2 9 ^3 9 



b l2 + Y l b U’ a l2 + h l b ll’ a 13 + h 2 b ll 
b 22 + Y l b 21’ a 22 + h l b 21’ a 23 + h 2 b 21 
b 32 + Y l b 31’ a 32 + h l b 31’ a 33 + h 2 b 31 



(7) 
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Expanding Equation (7) 



-3 



x 2 , X 3 J 





b l2> a !2> a !3 




Y l b ll’ a l2’ a l3 


= 


b 22’ a 22* a 23 


+ 


Y l b 21’ a 22’ a 23 


6 2 6 1 


b 32’ a 32’ a 33 




Y l b 31’ a 32* a 33 





b l2’ h l b ll’ a 13 




b l2’ a l2» h 2 b ll 


+ 


b 22’ h l b 21’ a 23 


+ 


b 22’ a 22* h 2 b 21 




b 32» h l b 31’ a 33 




b 32» a 32* h 2 b 3l 1 



+ 0 + 0 + 0 



( 8 ) 



Inspection of Equation (7) reveals that three determinants have dropped out. 
Equation (8) can be rewritten as 



•a 



= n + 

6 2 



*2 » X3, § 2 



Y N 
•16, 



x x 2 

h i N e^ + 



V 3 



(9) 



where 



N, 



X 1 X 2 _ 



6 2 6 2 



b ll* b 12 * a 13 
b 21 ’ b 22» a 23 

b 31> b 32 > a 33 



Again, Equation (9) applies in general. 

In the following case the output variable is X 2 , one of the feedback 
variables. 



•:;] 



x 2 , x 3 . 





*11’ 


b 12 +Y l b ll> 


a l3+ h 2 b n 


= 


a 2i» 


b 22 +Y i b 2i> 


a 23 +h 2 b 2l 


6 2- 6 l 


*31’ 


b 32 +Y l b 31’ 


a 33 +h 2 b 31 
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In the above notation 






x ? x~ 

M* V 

2 6 2 5 1 



( 10 ) 



In Equation (10) another crossproduct was lost. This was a special case, 
but the notation of Equation (9) applies, noting that the lost term 

• x 2 x 2 

would have been h-N c c . A numerator of this form makes no sense and is 

0 2 0i 

defined as identically zero. 

The following is a numerator of a transfer function of an output 
variable due to an external disturbance. 



x 



N 



"2’ x 3 




c ll» 


a !2 +h l b ll’ 


a 13+ h 2 b u 


c 2i» 


a 22 + h i b 2i» 


a 23 +h 2 b 21 


C 31’ 


a 32 +h l b 31’ 


a 33 +h 2 b 31 



x. 



- N 



xx 

h l N rV 
1 r l 6 l 



xx 
h_N . 

2 r l 5 l 



(U) 



Equation (11) is similar to Equation (9), but the feedforward term is 
missing. The notation of equation (11) applies to any external input 
for which there is no feedforward term, either for another control 



variable or for an actual external disturbance, as illustrated. 

x 2 x 3 x 3 x 2 

It should be noted that N* c and N* c denote the same determinant; 

o^o 2 & 2 o i 

i.e., rows are not interchanged. The latter notation would arise if 

x 3l 

N e were formed. 

6 2_ 

x 2 » x 3 > ”* ®i 
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